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1. Introduction
In this paper, we present our practical examples of physically based shading models that we implemented. In
the game industry, traditional ad-hoc shading models are mainly used because of performance, though recently,
physically based models have been attracting more attention. In our studio, artists had some difficulty setting
parameters for physically correct materials using the following ad hoc shading model:

σ = Rd ( N ⋅ L) + Rs F ( f 0 )( N ⋅ L)( N ⋅ H ) n G ,

(1)

where Rd is the diffuse color, Rs is the specular color, N is the normal vector, L is the light
vector, H is the halfway vector, F ( f 0 ) is the Fresnel function, and n is the cosine power that is often
called shininess which represents the roughness of a surface. Lastly, G is the geometry attenuation factor.
Some of the above parameters are typically stored in textures.
The human eye doesn’t perceive light linearly and the brain recognizes the brightness of light in non-linear
space (similar to logarithmic space) with a high dynamic range. On the other hand, display devices used for
video games typically have an 8-bit color resolution which is insufficient to represent real world, high dynamic
range, light intensity. Due to these two reasons, artists can set material parameters incorrectly via their
intuition, even though the real world material properties have more dynamic variance. For example, if there is
an object that has a 1,000 times stronger specular than another object, an artist may set only a 10 times stronger
specular parameter, because the artist felt that was the correct value.
In our case, this problem often happened by the Fresnel parameter being incorrectly set. For our
implementation, we used Schlick’s approximation[1] as shown in Equation 2. The approximation is faster than
the original equation and produces a good shading result.

F ( f 0 ) = f 0 + (1 − f 0 )(1 − E ⋅ H ) 5 .

(2)

f 0 is the normal specular reflectance. This can be computed with:
2
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(3)

where n is the complex refractive index1. For typical dielectric materials, n is between 1.3 and 1.7. Using the
average value of 1.5, f 0 evaluates to 0.04 and Equation 2 evaluates to 0.04 in the normal direction and 1.0 in
the direction perpendicular to the normal. As a result, the reflection ratio between the normal and glancing
directions becomes 25. Since such a large specular variance is not intuitively acceptable for artists, they
incorrectly set a value like 0.3 or 0.5 to f 0 . This causes the specular in the normal direction to become too
1 If

n

is a complex number, it is important that this equation be calculated using

n

as a complex number.

strong compared to reality. The artist then senses something isn’t right and reduces specular intensity to try and
compensate. Consequently, this leads to specular at glancing angles becoming too weak. As a typical example,
because the specular at glancing angles is weak, the highlight on the edge of a back lit object cannot be
accurately represented. As a solution, we changed parameters in our tool to use either complex refractive
indices, n , or prebuilt material templates such that artists do not have the opportunity to provide incorrect
inputs for the Fresnel equation.
Compared with these issues, physically based shading models allow us to easily manipulate the parameters.
We can reduce the number of parameters or textures and the shader still produces physically correct results.

2. Customized Blinn-Phong model
The following equation is our BRDF model based on the Blinn-Phong model[2]:
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Fdiff ( f 0 ) and Fspec ( f 0 ) are Fresnel functions. We used Schlick’s approximation for them:
Fdiff ( f 0 ) = f 0 + (1 − f 0 )(1 − N ⋅ L) 5 ,

(5)

Fspec ( f 0 ) = f 0 + (1 − f 0 )(1 − E ⋅ H ) 5 .

(6)

The BRDF shown in Equation 4 basically follows the laws of energy conservation. However, the function
violates reciprocity in the diffuse term for performance.
The normalization factor ( n + 2) / 4π ( 2 − 2

−

n
2

) is calculated with our specular BRDF with

[3]

Neumann-Neumann BRDF as:

f r _ spec =

(H ⋅ N ) n
.
max( N ⋅ E , N ⋅ L)

(7)

In order to acquire the normalization factor, this BRDF with the cosine term is integrated and must satisfy the
laws of energy conservation as follows:

( H ⋅ N ) n ( N ⋅ L)
dω ≤ 1 .
Ω max( N ⋅ E , N ⋅ L )

c⋅∫

(8)

Choosing c in this inequality to satisfy the energy conservation requirements, the normalization factor can be
computed. Since integrating the integral analytically over all light ( L ) directions is impossible, we assume that
the maximum reflected energy occurs when L = N . Therefore the inequality becomes:

(H ⋅ N ) n
dω ≤ 1 .
Ω max( N ⋅ E ,1)
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(9)

However, N ⋅ E is always less than or equal to 1 and the inequality can be simplified to:

c ⋅ ∫ ( H ⋅ N ) n dω ≤ 1 .
Ω
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Then the reciprocal of c becomes:
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This normalization factor is a little expensive to compute in real-time, therefore we approximate it with a linear
function. The coefficients of the linear function are determined using the least square method by fitting them in
the range of n = 0 to 1,000:

n+2
−

n
2

≈ 0.0397436n + 0.0856832 .

(12)

4π (2 − 2 )
Figure 1 shows the difference between the original normalization factor and the approximated one.

Figure 1: Normalization Factor Comparison. The blue line is the original factor and the red line is the
approximated factor with the linear function. The graph only shows the factor between shininess of 0 and 10.
The error between shininess of 0 and 1,000 is almost negligible.

The diffuse term in our BRDF model is an approximation of a more physically correct model. First we assume
that the diffuse component is a perfect lambertian2. Then, the incident light reflects as specular and diffuse
reflections at the shading point. (In this case, we don’t think of other types of reflections.) The amount of
specular reflection is decided by the Fresnel equation with respect to the reflection angle. Due to energy
conservation, the diffuse component can be computed as the rest of specular reflection. The reflection angle is
equivalent to the incident angle, so the Fresnel equation in the diffuse term is calculated with respect to the
incident angle.
2 This is obviously a wrong assumption because it violates the reciprocity. It is not an assumption from physics, from simplicity for

performance.

However, the diffuse term is a little expensive and approximating it only produces subtle differences. Therefore,
the diffuse term is also approximated in our final implementation as:

ρ=

Rd

π

(1 − f 0 ) + (0.0397436n + 0.0856832)

Fspec ( f 0 )( N ⋅ H ) n
max( N ⋅ L, N ⋅ E )

.

(13)

Figure 2 shows rendering results with our customized BRDF.

Figure 2 (a): A comparison only with a shininess map. The left steel frame is rendered with an ad-hoc model
and the right one is rendered with our model. The right frame looks more natural compared to the left frame,
though it looks a flat material.

Figure 2 (b): A comparison only with a reflectance map. The steel frames from the top left are rendered with
an ad-hoc model, our model and our spectral model. The texture is used as a specular color map for the
ad-hoc model that looks like it is just varying the design of the steel frame. Compared with it, our model
looks to have more varied surface materials. Moreover, spectral model represents rust well.

The BRDF model shown in Equation 13 is isotropic. In order to cover other types of materials, we
implemented other variations of models which are anisotropic, spectral and metal versions. Because of the
performance reasons, the basic model only covers isotropic, monochrome (non-spectral) and dielectric
materials. The anisotropic model supports two different shininess parameters along with the tangent vector and

binormal vector. The spectral model supports three different f 0 parameters, especially for materials which
have different refractive indices at different wavelengths. The metal model[4] is designed for materials which
have a complex refractive index especially with a large imaginary number. The Fresnel function for these kinds
of metals has a distinctive curve compared to other materials. Figure 3 shows rendering results of these
variation shaders.
In addition to the BRDF model based on the Blinn-Phong model, we also implemented other BRDF models
such as Ashikhmin-Shirley[5] model, Marschner[6] model and Kajiya-Kay[7] model. Figure 4 shows rendering
results of these shaders and comparisons with our Blinn-Phong based shaders.

Figure 3(a): The left steel frame is rendered with an ad-hoc model and the right one is rendered with our
spectral model. Both frames have all textures such as reflectance, shininess maps, etc. With respect to the
steel part and rusty part of both steel frames, it’s easier to notice the difference between the materials on the
right one.

Figure 3 (b): From the left: (a) ad-hoc model vs. our model, (b) ad-hoc model vs. spectral model.
The left object uses an ad-hoc model and the right object uses our model in both images. In the image (a),
reflectance is changed with respect to the black and yellow pigments in the sign. However, with the ad-hoc
model, the black and yellow pigments look like they use the same material. Different materials are rendered
well for the drum on the right using a reflectance map.

Figure ３ (c): Comparisons of our metal model and spectral model. The top bolts are rendered with our
spectral model and the bottom bolts are rendered with our metal models. Materials from the left are
aluminum, copper and titanium. Specular reflection looks slightly different.

Figure 4 (a): The hair of the left character is rendered with Marschner model and the hair of the right
character is rendered with Kajiya-Kay model.

Figure 4 (b): The wheel on the left is rendered with Ashikhmin-Shirley model, the wheel on the right is
rendered with our anisotropic model. Our anisotropic model can achieve the close result with a less
computational cost than Ashikhmin-Shirley model.

3. Ambient Shading Improvement
Implementing the physically-based shading models introduced in the previous section, the quality of typical
materials can be drastically and easily improved. However, in typical game engines, these BRDF models are
used for direct (punctual) light sources such as directional, point and spot lights. Although deferred based
shading or lighting techniques are becoming popular, multiple BRDF models don’t get along well with
deferred based techniques because different BRDF models increase the number of deferred shading passes or
require dynamic branches in the deferred shader. Whether using forward shading or deferred shading, ambient
lighting is still important for real-time rendering in games. However, because ambient lighting has been
invented for performance, ambient lighting typically has a different pass from direct light shading.
There are two standard implementations for ambient shading. One is only treating only the diffuse term with
ambient light. With this simplification, objects that only have a specular component such as metals are
rendered completely black in a scene that only uses ambient lighting. The second implementation solves the
problem of the first by using one arbitrary constant between diffuse and specular terms. In both
implementations, the ambient term is computed as a constant and is view independent; though if it existed in
the real world, it should be computed as spherical area lighting with a proper BRDF.
As a result of the ambient shading simplification, rendering quality degrades in scenes mainly lit by ambient
light such as shadowed areas, the inside of a house lit only by daylight (no artificial lights), cloudy outside
areas, etc. Figure 5 shows a sample scene with this problem.

Figure 5: A scene with only ambient lighting. Because there are no specular components, material
differences are difficult to see.

On the other hand, ambient lighting has been improved. In the past, ambient light was a constant color vector
in the scene and the color vector was same for every pixel and/or vertex. Recently, ambient lighting color has
been changed to be dependent on location3. Examples would be Hemisphere lighting, Spherical Harmonic
(SH) lighting[8][9], and Ambient Occlusion[10]. Hemisphere lighting or SH are one of the most reasonable
approximations of spherical area lighting and are widely used for real-time rendering. SH coefficients,

3 If the calculation is done on the CPU then the object location is used. If done on the GPU then the vertex or pixel
location is used.

irradiance[11], or values similar to irradiance are stored in a voxel structure and lighting vectors are interpolated
according to shading position. These kinds of techniques are widely used in pseudo real-time global
illumination. However, these improvements for ambient lighting only change incoming light according to the
shading point. Even if physically correct material parameters are set for every object, they seem to have the
same material in a scene dominated by ambient lighting. Figure 6 shows objects with variety of materials using
ambient lighting and ambient occlusion.

Figure 6: Screenshots rendered with only ambient lighting. Compared to other screenshots with direct
lighting, it is difficult to distinguish material differences. In the real world, though it is also difficult to
distinguish.

Artists noticed this problem from the beginning. In one project, even though they tried painting ambient
occlusion or normal mapping textures carefully, quality only marginally improved. Therefore, they solved the
problem by placing secondary lights, like rim lights or fill lights, manually. In another project, an artist built an
original shader that improved quality using our highly flexible shader system[12] [13]. However, both solutions
were based on artists’ intuition and were not physically correct.
For solving the previously mentioned problem, we came up with a novel BRDF model called Ambient BRDF.
After implementing this model, ambient shading computes the specular and diffuse components properly and
the ambient term is no longer a constant. In other words, ambient lighting is regarded as area lighting in our
shader. In practice, first we integrated a BRDF integral as:

f (n, f 0 , ω ) = ∫ ρ (n, f 0 , ω , ω ′)( N ⋅ L)dω ′ ,
Ω

(14)

where ρ is a BRDF model, n is shininess, f 0 is normal specular reflectance, ω is the eye vector and
ω ′ is the light vector. In our case, the specular term in Equation 13 is used for computing the specular
component of the function ρ . Since this integral is difficult to integrate analytically, we integrated it
numerically offline and stored it in a linear (non-swizzled) volume texture. For creating the texture, we
developed an application that was firstly used for the experiment of our ambient BRDF models. After that, we
tried both a linear texture and swizzled texture, and the linear texture was faster. With our texture, the U
coordinate represents E ⋅ N , the V coordinate represents shininess, and W coordinate is used for f 0 . Figure
7 shows the volume texture computed by our implementation. The volume texture stores the specular term
itself and is directly used as the specular term in a pixel shader. The diffuse term computation is
approximated with R d ⋅(1 − specular term) but ideally, it should be stored in another texture because due to

geometry attenuation, (specular term + diffuse term) does not always equal one. If this approximation is used,
the reflectance gets too strong at glancing angles; however, we used it for performance.

Figure 7: Part of the volume texture computed by our application.

With the integral, only specular and diffuse terms can be computed. Therefore, the ambient shading result will
vary due to material parameters and viewing angle. For a more realistic result, we computed the color terms of
ambient light. When using Spherical Harmonics, the diffuse lighting color vector is evaluated with a normal
vector and the specular lighting color vector is evaluated with a reflection vector. For both vectors, the color
could be approximated depending on the number of SH coefficients. Since the specular component requires a
lot of coefficients and no specular cosine lobe is taken into account, the specular color in ambient shading is
coarsely approximated. When using image based lighting (environment map), the diffuse lighting color vector
is computed with a diffuse cube map or SH coefficients which are calculated from an environment map. The
specular color vector is computed with a pre-filtered mipmapped environment map.
For spectral materials, we fetch the texture three times with different f 0 . For anisotropic materials, we fetch
the texture with the average of two different shininesses. If we implement anisotropic ambient BRDF with
texture, we need 4D texture. Therefore, we decouple the 4D texture to two 3D textures. However, compared to
the difference between this experiment and the average version, we thought that it was too costly. As a result,
we decided to use the current implementation.
Figure 8 shows results of rendering with Ambient BRDF and Figure 9 shows a performance comparison.

Figure 8: The image on the left was rendered without Ambient BRDF and the image on the right was
rendered with Ambient BRDF. The both images were rendered with only ambient lighting. In the right image,
the shading result from the specular component was added on the edges of the tire or wheel. As a result, the
right image’s material differences are slightly more recognizable than the left image.
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Figure 9: Performance of different shaders is compared with the scene shown on the image. The numbers
indicate rendering times in millisecond on GPU for PlayStation 3. Each object has an albedo map, normal
map and combined map (R: Reflectance, G: Shininess). The scene is rendered by 1280x720.

4. Limitations and future work
Our customized physically-based Blinn-Phong model doesn’t handle reciprocity and roughness in the diffuse
component. The diffuse roughness component is very important for some materials. Oren-Nayer or other
approximation models would be necessary to achieve higher quality results.
Additionally, multi-layered BRDF is not supported. A single layer BRDF is not enough to represent objects
with coating, organic materials, and so on. We will need to implement multi-layered BRDF models in
real-time.
Our Ambient BRDF model is only an approximation; in the future we can compute more accurate real time
representations on more powerful GPUs.

5. Conclusion
With physically based shading models, artists can easily manipulate parameters and textures compared to
ad-hoc models. Physically based shading models are fast enough to run in real-time, allow us to render realistic
images, and give us true HDR images. The Ambient BRDF model automatically improves image quality in a
scene dominated by ambient lighting instead of using ad-hoc methods such as placing secondary lights. As a
result secondary lights like rim lights or fill lights can be used for their original purposes. Lastly, Figure 10
shows rendering results.
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Figure 10: The images on the left are rendered with our physically based shading models and the other
images on the right are rendered with ad-hoc models. Due to our artists’ good work, the right images still
look very good. The left images keep consistent material appearance with all kinds of lighting such as
daylight, sunset, or under shadow.

Appendix
Shininess 1

Shininess 10

Shininess 100

Shininess 1000

Shininess Map

Box
(AB OFF)

Box
(AB ON)

Sphere
(AB OFF)

Sphere
(AB ON)

Teapot
(AB OFF)

Teapot
(AB ON)

Table 1: Ambient BRDF comparison with different settings. Each column shows different shininess settings.
Each row shows different objects and Ambient BRDF settings (ON or OFF). Images with Ambient BRDF
look surrounded by the area light.

